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Ot aoknoelg Paoidoviar oto aflodoyo @LUAAGSIO Tov MaOnuatikov Mut.
IMasaypnyopaxn, amo Tig ONUEWOELS TOL Yia T0 40 T'evikd Avkero Xaviwv [2008-
09 < Mathematica.gr] , Tov omoio k1 evyaplote Waitepa ya To 1100¢ kal v evxaploTn
61a0eom, pe v omoia ovpPdiet otv eAetBepn Sabeon g yvwong Ta v
avtiypagpn: KoAlag Avieovng.



EYOEIA

1.  Na Bpebel n e€lowon g evbeiag (¢) av:

a.

B.

Siepyetan ast' to onueio A (1, —1 ) kol eival TAPAAMNAN OTNV
evbela(e'):2x+y—-1=0.

S1epyetal ast' o onueio A (2, —3 ) kau eival TAPAAANAN otV
evBela (e') :x=-3.

2. Na Bpebel n e€lowon g evbeiag (¢) av:

a.

B.

S1epyetarl am' o onueio A (1, —1 ) kat eivan kaBetn otnv evbeia
(e):2x+y+1=0.

S1epyetar ast' To onpeio A ( 4, —3 ) kat eivar kaBetn otnv evbeia
(e):2x+1=0.

3. Na Bpebein eClowon g evbeiag (&) av:

a.

B.

S1epyetan amt' To onueio A (-2, 3 ) kat oxnuartidel e Tov afova
X' Xyovia @ =30°.

S1epyetarl amt' 1o onueio A ( 4, -5 ) kal oxnuatidel e Tov aova
X' X 0pO1 ywvia.

4. Na Bpebel n e€lowon g evbeiag (e) av teEuvel Tovg afoveg ota
onueia:

a.

B.

A(4,0)xatB(0,4)
A(-3,0)xauB(0,1)

5. Na Ppebel n efiomwon tng evbelag (¢) av yvwpilovue OTL eivan
LECOTTAPAANAN TwV TAPAAMNA®Y evBelwv:

a.

B.

(e):3x—-y+1=0kar(e):-6Xx+2y—3=0

(e):x=4xa(e):x=-6

6. Na Bpebein e€Clowon g evbeiag (&) av:

a.

B.

anéyel amootaon d = V2 and mv evbeia(e') : 2x+y—1=0.

aseyel amootaon d = 4 amo v evBeia(e’) :y=3.

7. Na Bpebel n e€lowon g evbelag (€) av eivarl peookadetn oe TunuUA
AB pe:



10.

11.

12.

13.

a A(—=2,1)xaB(2,3)

B. A(3,0)xaaB(o0,-5)

Na Bpebei n e€lowon ng evbeiag (¢) av eivanr afovag cuupeTpiag Tov
Tunuatog AB pe:

a. A(1,-1)xaB(-1,3)

B. A(-3,4)xaiB(4,-3)

Na Bpebei n e€lowon g evbeiag (¢) av:

a. Oiepyetar amod to onueio A (3, —2 ) kal €ival TAPAMNAN 01O
Stavvopa v =(0,1).

B. Oepyetar ammo to onueio A (-2, —3 ) ka1 €ival TAPAAAAN OTO
Stavvopa v =(2,3).

Na Bpebel n e€lowon g evbeiag (¢) av:

a. Oiepyetan Emc') o onueio A ( 5, —2 ) kat eivanl kaBetn oOTO
Stavvopa v =(-1,3).

B. Opyetar amd 10 onueio A (-2, 2 ) kat eivar kaBetn oTO
Stavvopa v = (0,4 ).

Na Bpebel n e€lowon g evbeiag (¢) av:

a. Oepyetar am' to onueio A (-1, 2 ) kAl OYNUATI(EL pe Tovg Afoveg
Tplywvo otabepov euPfadov E = 3 T..

B. Gepyetar ant' To onueio A (-1, 0 ) ko oxnuATiel pe Toug AEOVEG
Tplywvo otabepov epfadod E = 2 ..

Na Bpebel n e€lowon g evbeiag (¢) av:

a.  Sepyetar at’ To onpeio A (3, —1) kot angyel amootaon d = /2
astd to onueio B (2,2).

B. Owepyetar asnt' 1o onueio A (2, 1) kot ameyel amootaon d = 1 amo
toonueioB(0,0).

Na Bpebel n elowon g evbeiag 1 osmoia SiEpyeTAl ATO TO OTUELO
TOUNG TV eVOEIWV: 3X + 4y — 11 = 0 KA1 2X — 3y + 21 = O Kl elvat:

a.  JTAPAMNAN TPog TNV evbelax + 2y + 1= 0.
B. «kdBetn mpognvevbela3x—-y+5=0.



14.

15.

16.

17.

18.

19.

20.

Y S1EpPYETAL ATTO TNV APYT) TWV AEOV®YV .

8. mapaAnAn otov aova x'x.

€ TTAPAANAT oTOV A&ova y'y .

OT. JAPAMNATN 01N STXOTOUO NG TTPHOTNG YOVIAC TOV ASOVHV .
¢.  TApAAMNAN Oy =-X.

N. oynuatiel pe tovg afoveg Tpiymvo euPadov 32 T..

Na Bpeite Tig e€lowoelg Twv evBe1RV TTOL eival TAPAANAES TTpog TNV
evbela (&) : 2x — 3y — 12 = 0 ka1 opidovv pe Tovg AEoveg TPIYWVO Ue
eufadov 12 T.u.

'Eotw o1 evbeieg (81) : 2x -3y +1 =0, (&2) : =X + 4y + 3 = O K1 TO
onueio A (1, —2 ) . Na Bpebel onueio M tng &, wote 10 peoo Tov AM
VA AVIKEL OTNV €- .

Na amodeiete 0T1 1) €€lowon 2y 2 — 3Xy — 2X 2 = 0 TAPLOTAVEL (eVYOG
6vo evBewwv. Ilowa eivar N oyxetikn) Oeon twv Vo evBewwv mov
Bpnxate;

Atvetal tpiywovo AB' pe A(-1,2),B (3, 2)xau I (1,4 ). Na
Bpebovv o1 cuvteTayuEveg:

a. Tov opBokevTIpoL B. Tov Baplkevipov

Y. TOU £KKEVIPOU 8. Tov mepikevipov

'Eotw tpiywvo ABT, 1 xopven tov A (1, 2 ) ka1 o1 €El0WOEIS:
X—3y +1=0kay—1= 0 6vo dtaueowv tov. Na Ppeite Tig e€lowoelg
TV TAEVP®V TOV TPTYDVOU.

Na Bpeite yla moieg Tipeg Tov @ ta onueia A ( k-ouve , Anue ) ,
B(xnue,Aovvep )kl (k,A),uek, A e R* ka1 0 < ¢ < 7, eivan
ovvevBelaka.

dwtevny axktiva Siepyouevny amd 1o onepio ¥ (2, 3 ) xka
TIPOOTILITOVOA OTNV €VBela X + ¥ + 1 = 0, UETA TNV AVAKAQOT] TNG
Siepyetan amod to onueio M (1, 1 ) . Na BpeBolv o1 e€lowoelg g
JIPOOTILIITOVOAG KA TIG AVAKAOUEVG AKTIVAG.



IHapapetpikeg

21.

22,

23.

24.

25.

26.

Na Bpeite TIg TPAYUATIKES TIUES TOV TAPAUETPWV, WOTE Kabeuia amo
TIC TAPAKAT®W EEI0MOELS va eival eElowaor) evbeiag:

a. Az2—g)x+(A2-3A+2)y+5-A=0
B. (a2-a-P+1)x+(P2-P-a+1)y+af+1=0
Yo @A2-2)x-(A2+2A-3)y+A2-9=0

IMa moleg Tipeg Twv A, i € R o1 evbeieg (&1) : (U + 1)X — 2uy = A kAl
(e2):(U—1)x—3y=2A—1:

a. TEUVOVTAL

B. elval mapdAAnAec.

Y.  OUUITIITOLV.

Aivovtar ot e€vbeieg (e1) @ (U + 1)x + (U + 2)y = 0 ka (&) :
ux — (3u + 2)y + 7 = 0 . Na Bpeite 10 Y, @OTE 1 YOVIA TwV € KAl € va
etvat opOn.

Ye kabepia ammd TIC MAPAKAT® TEPUITMOEIS VA ATOOEIEETE OTL Ol
evbeleg, ov meprypAPOVTAL ATTO TNV AvTioToyT elowon, Siepyovtal
artd otabepd onueia yia kabe Tiur TOV TAPAUETPWV:

a x+y-5)+A(2x+y-7)=0

B. (A2+3M-2)x+(2A2+3A—-1)y=7A2+12A—5
Yo (@BA2+A+2)x-(BA2+A+1)y+7A2+A=0
6. wx+fPy+y=opea+pf+y=o0

Na amodei&ete ot 1 e€lowon:

(az+p2-ya)x+(y2-ap-Py)y+2afy=0
ue |al + |B| + |y| # 0, maprotavel evBeia ypappun.

Atvovtat o1 e€lowoeig (AeR):
EB:A+1D)x+(A-4)y+A2-3A+2=0
AD:A+2)x+3A\y+A—-4=0

a. Na amodeiete 0Tl 01 €€lowOEIC AVTEG aploTavouy evbeia, yia
kaBe Tiur) Tov A



27.

28.

209.

30.

31.

32.

Na Bpeite TIg TIUES TOV A, £TO1 WOTE 01 €VOeieg va elval kADeTEC.
IMa mtoleg Tipeg Tov A 1y (€) SiEpyetal amo v apyn Twv aiovmy;
IMa stoteg Tipeg Tov A 1) (&) etvat tapaAANAn otov afova y'y;

® AT T

Na amodei&ete ot 1) (1) Siepyetar amo otabepod onueio.

Na Bpebel 0 yewueTpikog TOMOC TV onueiwv oe kabepia amo Tig
TTAPAKATW TEPUTTOOEIG:

a. M(A-2,A+2),AecR B. M(2,M),AeR
Y- M(2,A2+1),AeR 6. M(2,nut),teR

Na amoderyOel 0T 1) e€lowon X 2 —y 2 — 4Ay — 2AXx — 30 2 = 0, AeR
maplotavel Vo evBeieg kabeteg petald touvg. Na [pebet o
YEWUETPIKOG TOTTOC TOV OTUEIOV TOUTIC TV SV0 AVT®OV eVOEIDV.

Na efetdoete av n evbeila x + 1998y = 4 Avkel OTNV OKOYEVELA
evBelwv mov exel e€lowon: (xX+y—-4)+A(X—-3y—-4)=0.

Atvetatl tptywvo ABT pe xopvpeg A (5,3), B(0o,0) xan ' (6, 0).
depvovpue evbeia mapdAAnAn mpog tn BT, mov tepvel tig evbeieg AB
kat A" ota onueia E kan A, avtiotoiywg. Na Bpebel n e€lowon tng
YPOUUTC TTAVK OTNV 0ol KIVelTal To onueio toung twv BA kai I'E.

O1 ovvtetayuéveg 6vo mhoilwv Il , I etvan I, (t—1,t + 2 ) xa
I, (3t, 3t — 1) yra xaBe xpovikn otiyun t uet > o.

a. Na BpeBolv ol ypauueg mavw oTIg omoieg KivovvTal ta Vo
JTAO1LQL.

B. Na efetaotel av vTapyovv TIUEG TOL t, OTIG 0TToleg T GVO TTAOIAL
OLVAVTOVTAL.

Y. Na Bpebei n amoéotaon twv 6o TAOIKV TI XpPOoVviKn oTiyun t = 3.

Atvetaa 1 €€lowon : (A2 —1)X + 2Ay —A2—-2A—y =0, 0OV A, 1 € R.
a. Na amodeiete 0T yia kAOe Tiun TG TAPAUETPOL A 1) €Elowo
maplotavel evbeia ypauun.

B. Avy=-1,vaanodeifete 0T OAeg 01 evbeieg mov opilovtal Ao
TNV TApanave eElowor diEpyovtan asmo 1o i61o0 onueio.

Y. Avy=#-1,va [peite T0 YEWUETPIKO TOTO TWV OTUEIWV EKEIVOV
ov anmd To kabeva Giepyetar povo pia evbeia, 1 omola
enmaAnBevel v mapamave eElowor.



Amootaon & Eppadov
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Na Ppebel 0 yewueTpikOg TOMOG TWV ONUEI®YV, TA 0OJTOlA 10ATEYXOVV
Qtd TIg eVOElEC3X — 2y + 4 =0 KA1 3X — 2y + 6 = 0.

'Eva onpeio P tov emmmédovv kiveltal mavw oty evbeia y = x . Na
amtodeifete OTL TO CUUUETPIKO onueio P' tov P wg mpog tnv evbeia
X + 2y — 1 = O Kiveltal Tavw otny evbela 7x —y—-2=0.

To onueia A (3, —1 ) elval KOPLPT] TOV TETPAYDVOV, TOV OO0V pid
AeLPA €xel e€lowon 3X — 2y — 5 = 0 . Na BpeBovv o1 e€lonoelg Twv
AWV TAEVP®V TOV.

O1 e€1000€1g TV TTAELPOV EVOG TPIYWVOL €ival : 3X + 4y — 7 = O,
X+y+2=0Kka2X + 3y — 5= 0.Na Bpeite TI¢ OUVIETAYUEVEG TV
KOPLP®V TOV TPIY®VOL Kol To euPfadov tov.

Aivetan i evBeia (g) pe e€iowon x + y = 1 . Na Bpeite to oupueTpiko
Tov onueiov P ( 2, 3) wg mpog afova ovupetpiag v (&).

Ye Xaptn He kapteowavo cvotnua afovov 1 0eon evog Alpaviov

nmpoodlopietal amo to onueio A ( 2, 6 ) kal n B€om evog mAoiov e To

onuetoIT (A-1,2+A),AcR.

a. Tamoieg Tipeg Tov A to onueio IT €xel teTunuevn LIkpOTEPT) ATTO
TNV TETUNUEVT) OV A;

B. Na efetaoete av 1o mAoio Ba mepdoel amo T0 AlHavt A, otav
Kiveital evfvypaupua.

Y. IIowa Ba eivan ) eAdyiotn amdotact g mopeiag Tov IA0IoU Ao
TO AUAVY;

Atvovtal o1 evBeieg () : 5x — 12y + 10 =0 kat () : 5X — 12y — 20 =0 .
Na Bpeite v e€lowon g evbeiag (1), n omoia etval TAPAANAT TPOG
mv (&) kat n amodotaon tewv () kat (g) eivar Suthdola amod TNV
amtootaon Twv (1) kat (0.
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