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B. Avpéva mapadeiypota

I. Avpéveg aoKioeg

A. TIpotewvopeva Oépata

E. To Eeymproto 0épa
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ITPOAOI'OX

Ayoamntoi ovvadergot,

®ilor padntég Ko padTpLeg

H xoawvovpywo pog oepd Bipiiov pe tov titho “BIBAIOpadqpate” dnpovpyndnke
oo (o 10€a pog yio. to teplodiko “Egetaoels” g Edevbepotumiog. [Tapovsidcape
oV epnuepida ta pabnquote, 6mwc yivovtal otov mivaka, ONUovpyOVTAS Yo TO
oKOTO OVTO TNV MOALTANOECTEPT GLYYPAPIKT opdda Tov €xel TOTE cLoTaDEL,
npoomaddvtog v eumelpio TG TAENG va TNV anoTtutdcovue 6to yopti. Tn
GLYYPOPIKT OGO OTOTELOVY KaONYNTEG GLYYPOQEIC KOTOEIUEVOL 6T GLVEIdNOM
YOVIOV Kot pofntdv ylo TNV motdTnTo. TG SOVAELNG TOVC.

H ocvAloyim avth mpoonddeia, sUTAOLTIGUEVY, GE GYECN LE TO VAIKO TTOV TOPOL-
oclaoTnke otnv gpnuepida, angvbivetal, apevog otov kabnynm mov 0élel va
TOPOVGLAGEL TO PAON A Tov 6TV TAEN pe po peBodkdTTA, APETEPOL GTO PIAOTOVO
pont) mov BéLeL va doPdoel, vo PHEAETIOEL KOl VO KOTOVOTIGEL TNV VAT, Y®pPIG va
OTOTOANGEL TOV TOADTIHLO YPOVO TOV.

'V avtd kabe pabnuo olokAnpaoverol 6’ évay Topo. X10 Pifiio mov kpatdte ota
¥éplo oaG TEPLEYOVTOL pia Gelpd amd véeg, oty EAAnvikm Bifiioypaeia, 0oKAcElS
Ka0OG Kot cLVOLUGTIKA OEpaTa.

O oxomdg poG: vo dnpovpynoovpe éva “gpyoieio 00VAELAS” yio OAOLS LaG.

H v\n yoplomke ce 13 BIBAIOpoOqpote mov 1o kabéva mepiéyet:
® Ti¢ anapaitteg yvooelg Bewplag, pe mapatnpioelg yio fabitepn KaTovonon.
e Avpéva mapadeiypata, oto omoio Kotadewkvoetal 1 pebodoroyia emilvong
TOVG €
e AvpéveG 0lOKNOELG.
e To mpotewvopeva Bépata pe vrodellels - anavtoelg oe prié mhaicto.

e To “Eeyomprotd Oépa”.

Voot a6 T0Vg GUVUIEAPOVG EMOVLOVY VoL EYOVV TIC AVGELS TV OGKNGEMV, Y10, EAEYYO
TOV OTOVINCE®Y, Le yopd Ba Tig oteilovpe av emkovemvicovv podi pog. Emiong, Oa
0éhayle Kpioelg, Tapatnpnoels, KabMG Kot ETCNUAVGELS YU 0TI HoG TV TPpooTdOeta,
MOGTE M YOVIUT LT avTaALXYT omOWeY va fondnoet 6t Pedtioon TV HEALOVTIKOV
LOG EKOOGEMV.

H cvuyypaogikr opddo
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3’ nadnpo
YIVOLEVO







]‘ Awaviopato

A. AITAPAITHTEX I'NQYEIX OEQPIAX

Opopég dravoopatog - Ipaées pe dravoopota

. , , , , . (xérog) B
Awgvoepa, ovopdlovpe kabe evBdypappo tuqpe AB tov omoiov
€yovle kaBopiceL TV opyT KoL TO TELOG.
- - 5 -5 > .
To cvpuPoirilovpe pe AB 1 pe pkpd ypappoto o, B, u,w ... AB
- - (opxn)
[popavmg eivar AB # BA . A

Ka0e d1évouopa yapoktnpiletol omo:
* Tn d1€00vve1] TOL, N omoia kabopiletar and v gvbeia Tdvo oy omoia Bpicketal To
diavocpa kot oroia ovopdletat popiac.

*Tn @opa Tov. .

¢ To pétpo Tov dnAadn to pnrog tov. To pétpo evdg davdopatog AB cvpPorileton ‘E‘ .

Av ‘AB‘ =1, 161e 10 Stdvuopo AB Aéyetot povadiaio.

A

Av ot gopeig §bo un undevikdv AB,TA diavo- E £ m
GUATOV ElVoL TAPIAANAOLTOTE Tl S1OVOGHATO QL TE A B L .
ovopdlovtal Tapaiinia 1 cvyypOppIKa. Aépe
OTL EYoVV TNV {010 d1eVOVVOT KL YPAPOVLE : 5

. A

AB//TA ous A

[OIp{prore: Avtippona

AGO i undevikd mopdAinia Stovoopota ovo- | OWVOCHOTA Svdopata

paovtat opdppoma ov £xovv TNV idta popd Kot avrippome. av Exovy avtibeteg Popés.

Av givat oudppona ypaoovpe AB TT A, EVO av givat avtippono AB T4 TA -

Av n apyn Kot To TELOG VG SLOVOGLOTOG GUUTITTOVV TOTE TO SIAVUGHLO aVTO ovopaletal
ENOEVIKO dravuopa kol To cupuPoiilovpe 6 .

[poeavdg To UNdeviKo dtavuopa el LETPO 160 pe To UNdEV apov TovtileTon pe onueio.
Dopéag Tov PNdeviKoD dtavOoHaTog etvot omoladnmote evheia diépyetat om’ To onpeio avTo.

Yopupotikd propovpe Aowmodv va Bewpncovpe 6Tt To pundevikod dtdvucua etvatl opdppomo M
avtippomo 1 kabeto mpog kébe dAAo dtdvocpa.



12.

Too, Stovocpota givat 1o oo ppoma. SLovHGLLOTO TOV
£€yovv 10 1010 péTpo.

Avta o, eivarico ypboovps a=p

Avtifgta Stavioopata givotl To ovTippomto SLovocLo-
70, TOV £Y0VV TO 1010 PETPO. XTO SMAUVO G TO. oo

— —
dtavocpate AB kot T'A givar avtibeta 0161t gival

Awovdoporto
A
A
B
r
avtibeta
davvopota davvopozo

avtippona kot Exovv ica pétpa ‘Kﬁ‘ = ‘I:Z‘ . Ipaoovpe toTe: TA=-AB.

OVOLALOVIE YOViE TV pu1 pNOEVIKOV Slavuepdtov o kot B v kupt yovia AOB kot

™ cvpBorifovpe pe ((X,B]ﬁ (B,a] M amhd 0.

- - 0 a A
Etvon (OC,B]= (B,Oﬂ} b 0
B
Davepd eivar ot 0°<0<180° 1 0<0<nm
5116 . 6=0 A j
Ko EL01KOTEPOL: o 0
9=0,av o TTB 180°
f=n ,av o T B 0 £
~ T e e
O0=—,0ovalp (a,p xabeta)
2 - -
Yyoio: Av évaan’ta o, gival o undevikd S1avuc o T0TE Yovia tov
NN a
a,B pmopobpe vo Bewprcovpe onotadnmote yovia O pe 0<O< .
IIpéc0Beon - Agaipeon SwavoopdtTov S P
Me apym éva onpeio O ypagovpie Ta Stovos ot OjA = a kor AB=f.To
- - - - o - - O B
diivoopa OB = OA+ AB = o+ B Aéyetar aOporopa tov oot f .

IIp6cbeon dravvoudtmv IIpocbeon dravvoudTmv
7oL gfvor S10B0Y KA e KoM opyn




Awvdcporto 13.

[Mapatmprote 611 10 T€A0G TOV OA givorn apyn tov AB (dradoyika dravicpota)

Av pe apyn 1o O ypdyovopue 10 61“ = KB = E T01€E

(=3}

10 OB = OjA+ OrI' elvoin S0y dVIOG TOV TOPOAAT-
Aoypappov OABI.

- - -
H dweopd B—a tov dtavocpatog o amd 1O

5
divvopo B opiletar wg to dOpoisua Tov Stovo-
—

ocpotog B pe to avtifeto Tov Sravdopatoc @,
onAadn:

o)

Amo n oxéon (;A+ KB = (;B npokvntet AB =0OB-O0A . A
Anhadn|, kKaOe didvucpa givat ico pe T dopopd TV dtavv-
OUATOV TOV AVTIGTOLYOVY GTO, GKPO, TOV, OEmPOVTG (OC KO1-
i apyn éva omotodnmote onpeio, éotm O. Ta OA, OB Aé- B

YOVTOL OLAVOGROTIKESG OKTIVES 1| dravispota 0Eong Tov
onpeiov A kot B avtistoiyog kon to toyaio onpeio O Aéyeton |

owavoopaTiki opyn (1 onpeio avaeopdg ). Aniaodn Exovpe:
AB = dwovvopatiki oktive Tov B - Stovuopatiki oktive Tov A.
Mo v 7p660eon davoopaTOV 16YV0VY 01 GKOLOVOES 1016TNTECS:

1. o+B=p+a 5.040y=B+ye o=
2. (oc+B)+y:oc+(B+y) 6. a+;=&@;=0

N
Rl
+

|
Rl

QO\_”/ QI
(=N
*

|
—
QL
+
=
Il
|
Rl
N——
F
|
=
N—

‘Ecto &,E dvo un pndevikd dravoopoata. Tote woyvet : “(x| —|[§H < |6H-B| < |6c| +|B|

Av ta (;, E dev elval cuyypopLIKd 1G)YDEL “64 - |B” < |6( + B| <o+ |B| )

- >

Avta o, B eivar opdppoma ioydet “(X|—|B” < |d+B| = |6€|+|B| )



14. Alovoopoto

- - - = =
Av 1o o, etvor avtippomo woydet ‘|OL| —|BH = |0c + B| < |0c| + |[3|
- -
Av éva tovAdytotov amd To dtavoouata o, gival to undevikd dtdvuopa 1oyvEt

ot ~{B] = o5l =11+

IMoAlomAaolocpog aprtOpov pe dtavoopa.

To ywvopevo tov mpaypatikod aptBpod A#0 pe to d1dvv-

5
opa @ = 0 ivor to dtdvucspa Ao Yoo To 0moio 1oy vovV :

-

5
® Eivai opdppomo tov o av A > 0 Kot avtippomo Tov o
av A <0.

® Byt pétpo |k||6t|

N

i - d
Avr=01M o=0 tote Ocpolpe 6TL TO Yvopevo Aol gival o undevikd diavuopa 0 .
Baokég 1016t TES TOV YIVOREVOD 0.p1OpRoY pe dr1avoopa

- >
[ omoladnmote Swovoopata o, Kot A, e R 1oydovv:

o (—x)&=x(—&)=—x&

a%0 Ko l&:ua 08 A=U x(u&]=(xu)&=u(x&)
K(&ig)ﬂ&&ilg AV %0 kou Ao =AB tote =P
(Atp)a=rotpo Ava =0 kot Ao =po tote A=

XovOnkn Tapariniiog o1evoopdTOV

AT TOV TApUTAVE® OPLGHO TPOKVTTEL OTL:
Av &,6 givat 8vo davdopota pe (; # 6 , TOTE:
(_x)//l_3> =3 B) = 7»&, Ae R  (ZovOfkn mapariniiog Stavocpdtmy )
I'pappikoc cuvévacpog dwovoopdtomv
Av d,B givatl dvo dravoopata, TOTE KAOE dLdvuopa g ™G LOPONG: g = k(;+7»§ omov

- -
k, A givan mpaypatikoi apiBpoi, Aéyetat ypapupikdg cvvdvacpuoc tov o,f .



Awovdoporto

Hapotipnon.

Amodekvoetat 0Tt Kabe d1dvoc o Uropet va ypo-

@&l ¢ YpOoUKOG cuVILACHOG 60 1N cLYYPULL-

UIKAOV dtavocpdtomv Tov emimédov. H ypaen avth

elvat povoduen. Aniadn av :
g:xla+yl[—3) Ko gZngH-yZE

TOTE 1IGYVOVV X, =X, KOl ¥, =Y,

15.

T'poppikodg cuvdvacpog
davoopaTev

Al0vVOGROTIKT OKTIVE TOV €60V EVOVYPAIIOV THNOTOC.
To onpeio M givat péso tov evBOYpappov Turatog AB, 6tav Kot pdvo dtav, 1oydEL:

OM = %( OA+OB )
pbypat, Exovpe:
AM =MB & OM-OA = OB-OM &
20M = OA+OB & OM =%(6A+JB).

Boaowkég oravuopatikés oyéoels o€ Tpiymvo OAB

A

(0]

Av K, A, M givat ta péca t@v mAevpdv tov tpiydvov OBA,0TmOC @aiveTal 610 ETOUEVO

GYN 0L, 1GYVOLVV:

- - - -

1. OA+AB+BO=0

2. AB=-BA

3. Al =§§B@MA=—%§B@MA=—BK
- — — 1 - — 1 -

4. BM=_BA & MB=—-_BA & MB=_AB

5. AM=MB < AM = —BM < MA = BM
. i - -
7. oTv1=l(cTA+6B)

2

S —

8. AM=MB=E(@—@)@m=m=%(6A—6B)



16. Awvbdoporo

- - - - N
10. OM+ AA+BK = 0 (10 dtavvuopotikd afpoicpo v Stopécmy evog Tptydvou givat 0 )

B. ME®OAOAOTTA AXKHXEQN

Kamyopia - M£0odog 1

IMo va amodei&ovpe pio SovucHATIKH 160TNTO BE®POVLLE MG SLOVVCUATIKY 0py £V

onueio g doouévng oyéong kat ekppdlovpe OAa To VITOAOLTO SLAVOGUATO OC dL0-
(POPES SLOVUGUOTIKOV OKTIVOV MG TPOG TNV 0pYT| TOV OEWPTCALLE.

- — —

IT.x. Avn apyn etvar to onpeio O ypdoovpe: AB = OB—OA

Hopdaderypa 1
Noa amoderyfei 6T o €L Toyaio onpeio A, B, I A, E, Z woyveu
AA+BE+TZ= AE+BZ+TA
Avon
Exopdalovpe 0Aa To dtoviopaTo G d10popEG SLOVUCULATOV IE apy T.Y. TO onpeio A.
Etot AA+BE+TZ= AE+BZ+TA &

AA+ AE- AB+AZ- AT = AE+ AZ- AB+AA— AT & 0 = 0 , 10V tyBeL

Koamyopia - Mé6odog 2

Otav {nteiton va mpocdiopicovtie orelo To 0moio tKavomotet Lo StvOGHATIKH 16OTNTA.,
to1E mpoomaBov e va eEKPpAcovpLe To dtévuciia Tov opiletot amd To fnrovpevo onpeio, Kt
£va dALo otabepod onpeio, GLVAPTIGEL YVOOTOV GTABEPOV SLUVUGHAT®V, AT dLovL-
oudtov mov dev mepiEyovy To {nroduevo onpeio. I'’ awtd Bempovpe ®G dStavuGHATIKN
apym éva amd To yvootd onpeio e d0oUEVIS OXEONG.

Hoapdderypa 1

Aivetor tpiyovo ABI. Na wpoodropicete onpeio M 610 eninedo ToV TPLYOVOL TE-
TOL0 AGTE V0. LOYVEL: 2h/FA— NfB+ 31\21“ = 8

Avon

Oewpove ®¢ apyn To onpeio A kot eKPPAloviLE OA0 TA SLOVOGLATO TG GYEONG OG OALPO-
PEC SLOVLGLATOV LE apyT| TO onueio A.

"Exovpe:

-

PMA—MB+3MT = 0 & 2MA—(AB— AM J+ 3(A1“— AM)z 0o



Awvdcporto 17.

AMA—AB+3AT =0 < 4AM=3AT-AB &
AM=3ar-1aB
4 4
Apa 10 AM mpocdiopiletal and 1o dbpoicua TV

N

3 -
SlovuopaTOV ZAF Ko —%AB ta omoia givot yvo-

oTdL.
AnAadn to onpeio M kaBopiletal mg TéEPAG YVOGTOD
SLVOGLOTOG [LE YVOGTH 0pyT.

Mo va arodeiEovpe 6Tt dH0 pun undevikd dtavoopato o kot B eivar TapdAinia,

AmOdEIKVOOVLE Lo GYEoT TG Hoperg O =AP, 6mov Ae R 7 6t1 etvan mapdrinio
TPOG TPiTO dLAVVLGLLO.

Hapaderypa 1
- - - - - -
Aivetor tpiyovo ABI. Av AA=KAB+AAT (1) kot AE=AAB+ kAT (2) va deilete

— —
6T AE/BT (x,A€R).

Avon

Agarpovpe tig oxéoetg (1) ko (2) kot £yovpe:

-

- — — — — - - - - -
AE-AA=AAB+KAl'-xAB-AAT < AE= X(AB— AF]+ K(AF— AB )<:>

& AE=ATB+KBT & AE=-ABI+xBT & AE = (k-1)BT
d - — —_—
Emopéveg AE=uBI pe p=xk—-2A,dnkady AE/BT" .

Koamyopio - Mé6odog 4

INa va amodei&ovpe 611 Tpio onpueio A,B,I elvatl cuvevBetakd delyvovpe 6Tt §Ho omo

0. rvdopato AB,BT, AT ivar mopdrinia.




18. Awvbdoporo

Hopdderypa 1
Av 1o omoradnmote onueia A, B, I' woydet 46A— SB— 361“ = 6 , Vo amodeifeTe 6TL TOL
onueia A, B, I eivar ovvevBerokd
Adon
Eiva1 40A-0B-30I'=0 & 4OA—(AB— AOJ—?{AF— AO)Z 0

— - - - - - -

40A—-AB+AO-3AT+3A =6(:) AB=-3AT"

- —

Ao Vv tedevtain 160TNTA TPOKLTTEL OTL T StavOopato AB kot AT eivot mapdAinia Kot
€MELON £YOLV KON opyn To onpeio A ta onpeia A, B, ' 0a elvat cuvevbetaxd.

1. Av divovtor o pétpa TV pn undevik®v dtavucpdtov da, f, 6c+[§, TOTE Y10 VO

detEovpe otiTa cxon B, etvon oudpporo eEetdlovpe av 1oyvEL |6c + B| = |6L| + |B| , EVO
av 16y0EL |6c + B| = “d| - |B” t0,. dravoopoto o kol B eivon avtipponoa.
2. Av divetor pio S10vuoHOTIKY 16OTNTO TOV U UNSEVIKAV dlavuopdtov okat 3,

tte: ) TT pea=AB, A>0 By aTlpea=Ap A<O

Hoapdderypa 1

=

B

=

v

- - - - =5 - -
Av ywo ta doviopata o, B, wydovv o+ B+ =0 ko , |B|=3|Y| 161 va amo-

&‘:4‘?

N

deilete 6TL ETT; xor o TL B.

Avon
o B d B+Y ﬁ"f"Y - S 5 o - - -
Eivat —=—=|y|=——="—"— 1) wo emeldn = =—B-v,
ol L 1 (1) MotBty=0ea=—p-y
of [-B-v [B+Y o Bl .o . oo
ométe | | _ _ (;) o | B+Y|=| B|+|Y|,noucnpaivs1(')n BTT .
4 4 4

Encidy 11 ; wyber B=A7 pe A>0. Torte:

OL+B)+;=(_))<:>(_X)+7\.Y+Y=O<:>OL=—(?\.+1)§

pe (A +1)>0, épa (;TJ,; Kot GUVETADS o T, B



Awviopoto 19.

Otov (nteitat va ekQpAcovE EVa SIAVUOUO X MG YPOUUIKO GUVOVAGLO LT GUYYPOLL-
HIKOV S10vUoHATOV £0TO B KAl ¥, TOTE:
Ex@palovpie 10 31avocpa X m¢YPUPPIKO GUVIVUGIE TOV B Ko 77 pE 6V0 TPéTOVG.

Enedn n ypaen £vOg d1ovOGHATOS ®G YPOLUKOD GLVOVAGHOD TV B Kot ¥ gival
LOVOSIKT], G0 TNV IGOTNTA TOV GVVIEAEGTMY TPOKVTTEL TO {NTOVUEVO.

Hoapdderypa 1
"Eoto tpiywvo ABI kot 1o onpeia A, E ndveo oty AT ko BI' avrictoryo 1éTolo @6TE vo.

6vovv: I:)A = %1"7& Ko BE = iBI‘ . Av M 1o onpeio Topg Tov BA kot AE vo ek@pdoe-

— — -

tet0 I'M ¢ ypappiké 6vvévacpuo TV dtavuepdTov A_)B = [3) kot A'=7.

Adon
ZOUOOVO [LE TO TOPATAV® £YOVLE:
A
rTv1=r7A+ATv1=—y+kAE=—y+x(BE—BA)= A
- 1 = - = A 2 -
=—7+A| =BI'-BA |= —y+—| v-B |-A| -B |=

Ay (A 3o A—4-
=[r-= 2 ly=22p+ 22
[ 4)B+( )v 4B+ 7V

Eniong 'M =BM-BI = uBA—(AF— AB ): u(BA+ AA )— AT+AB =

(1—11)-A_)B+},L%A_)F— AT = (l—u)§+(%—1)§_

n
_:1_“_
, 4 I+ =4 2 1 = 1s 5-
P e _p-3 {3%—4u=0®7” 3 KT AN P
4 3
I. AYMENEX AXKHXEIX
Aoknon 1

5
1. 0. No. Tp0od10piceTe TO OLAVUOHO X GUVEPTNGEL TOV GALMV S10VOGRATOV 6TO oo, 1.



20. Alovoopoto

B."’Ect® AE, I'H 600 gv00ypoppa Tpipato pe Kowvo ;
péoov A. No vrohoyicete To drdvoopa x = HE _
Y
GUVUPTIGEL TOV SEVUGRATOV O Kol B av
—0.=AT ket B=AA.(07.2) . :
Adon
a. Ioyoer: o—PB+y-0+e-L=x X
B. Eivar x = HA+AE . Enedfi HA = AT kot AE = AA s
(A 1o koo onpeio tov gvBuYpappmy TunpudTov AE, . /\
I'H) mpokdntel ot B E
- - - - > e A A
x=AT+AA=-0+f N x=PB-a -a
r oy. 2

Aoknon 2
= lj—=
"Eoto g000ypappo tufqpa AB kor M g60TEpKO onpeio Tov TETO10 OGTE E‘AM‘ = g‘MB‘ .

— —

— —
Av X toyeio onpeio Tov emmédov kol oo =2A , B =3B vo docifeTe 6TL:

- - = - - = — 1 - -
a.AM=%(B—0{),B.BM=§(OL—B] Kavy. ZM=7(SOL+2B)
Avon

- - 1 . 1 .
0. Enedn 1o dtavdopata AM kot MB givat opdppoma amd ) oyéon E‘AM‘ = g‘MB‘ maip-

7
- - - (W 2(> - 5- - 1 - —
Y- ZM:ZA+AM:oc+7 -o :70c+ 527 50428 |
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Aoknon 3
Av to draviopoto ¢ kot 3 ogv eivar mapdiinia, va omwodeifeTe 0TL TO 1910 10YVEL KO

-

Y. to dwavoopato u=50+33, v=0-20.
Avon

Av w/v o 1ogdet u =Av,Ae R @5a+3[3=x(<x—2[3)<:> (5-2)o=(=3-20)B .

- -

Av5-A#0M =3-2L#0 t61e 0// P, Gromo. Ondte S—A =0 Kot —3-2A=0 & A =5kt
-3 ) L

A= R oV gtvar eniong GTomo.

Aoknon 4

‘Eoto to dwovicpata o kot B (pn mtapdiinia) kor ta enpeia A, B, I' tétola dote

- — - - - —
A =100,XB=5B X =40+3B 6mov X Tuyeio onueio Tov emmédov. Na deifete 611

10, onpeia A, B, T eivan cuvev0erioka.
Avon

Apkeiva dei&ovpe 611 A_)B = 7LB_)F, AeR

N

5
d10Tt 101€ T Sravvopato AB kot BT

elval mapdAinia Kot eneldr| £xovv Koo
onueio to B, éyovv kat tov 1d10 popéa,
ondte Ta onpeia A, B, I etvar cuvevbeta-
K6L.

Etvau

AB =3B-TA =5§—10&=5(§—2&)(1)

BI'=XI-3B :(40c+3[3)—5[3 =40-2B :—2([3—2&) & B-20= et 2)
2
- 5 - — -
Amd 11g (1) ko (2) Tpokdmter 611 AB = _EBF n AB/BT .Apa A, B, I' eivat cuvevbetoka.
Aoxknon 5
BOzowpovpe 1o onpeia O, A, B, I' kor Ta dwavoopato. O_)A = (;+ 2 [_3)+ 5; s 6B = 3(;+ E+ 6; s

- -

OI' =—0+3B+47Y.No anodeitete 6TL Ta onueio A, B, T gival cuvev0ziokd
Avon

Etvor AB =C;B—6A:3&+§+6§—(&+2§+5§)=2&—§+§.



22. Alovoopoto

kot BT = OF— OB :(—&+3§+4§)—(3&+§+6?):—4&+2§—2§ -

—2(2&—E+§)=—2§B.

— — — -
Amod ™ oyéon BT =-2AB , npoxdnter 611 ta Stovdopoato BT w1 AB givor mopdAinia
Ko eneldN Exovv Koo to anpeio B &yovv tov 810 opéa, apa ta onueio A, B kot givat
cuvevdeloKda.

A. ITPOTEINOMENA OEMATA

1. ®swpovpe tpiyovo ABI kot opilovie oto eminedod Tov ta onpeio A kot E copoova pe tig
oxéoelc AA= 5§B+ 4 AT kot /;E = 4/§B+ 5 A} . Na amodery0ei 611 T Sravocpota
AE kot BT givou mapdiinio.

(Yn: Exeppdote to AE pe apyn to onpeio A).

- - - -

2. Av og tetpamievpo eivar AB=a, AA=f, AT =40+ 16t¢e 10 TETPphmAELpO ABTA

glvor tpamédio.

(Ym: Acgi&re 611 le = —41;B ).

— -
3. Av to dwavocpata o Kot B elvor topdAAnia, va arodeiEete 6Tt To 1610 cupPaivel ko yio
— -

- - - - - —
T Savoopate Y Kot 8, 6mov: Y=0—2 kot d=-20+ .
- - - - - >
(Am: o//B & a=AB Kkatvmoroyiote T 7,0 )

4. Av yuo omowadnmote onpeia O, A, B, I' toyver 30A-20B-OI = 0 vo anodeiete 0TL Ta
A, B, I" etvat cuvevdeiakd.

- -
(Ym: Aci&re 6T1 AT//AB)

= = - - -
5. Av A, B, A, E, Z eivai onpeia evog emmédov tétoto ®ote AA+BZ=2AB+3BA+2AE
va arodeitete 6tLta A, E, Z gival cuvevbetakd.

- o
(Yn: Exopdote 0lo to dtavdopota pe opyn to A kot dgi&te 0tt AZ//EA)

6. Atvetar tetpdmievpo ABTI'A kot to péca M kot N tov tievpdv AB kot A avtictoyo. Na
npocdlopicete to dtavvopo y = AT+BA+2NM .

- >
(Am: y=0)
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- —

o |B
7. Av ywo ta Stavoopoto o, B, Y woyxvovy o+ B+ Yy =0 kot 5 = v =

N

Y

va amodeiete 0Tl

BTy ko TLB.
(Yrm: MéBodog 5)

8. Eoto ta pun pndevikd dtavocpato gc, B,; ne oo TTB ko B=—47y.

5
i. No tpocdiopicete d1vocpa X 1o To 0Toio oyVEL :
= = - — —- =12 —-
|l x +[7][o+B| .+ 47 = — || x + [l lal@+[p| a—B

ii. No yapaktnpioere pe cootd (X) 1 AdBog (A) Kot vo S1KOOAOYNGETE TOV YOPUKTNPL-

- -
oud, v mpdtacn: “To ddvucua x eivor avtippomro tov vy~

=

9.’Ectm ta pun pndevikd dtavoopata o, B,y pe o TL B xa o+PB=vy.Av 1o pétpo Tov

- |-

N
dravoopatog B givor 2 kot o HETPO ToL dtavOcpHaTog (ot By givar ico pe o pétpo tov

dravoopatog Y vo Bpeite v axpipn oxéon tov dtovucudtev o, .

10. Eoto tpiyovo ABI' pe AM, BE, I'Z dapécovg
i. Na dei&ete 6011 AB+ AI'=2AM, BA+BI'=2BE, IB+TA=2TZ.
ii. No mpocdiopicete onpeio G 1oV EMTESOV TOV TPLYDOVOL Yo TO OTOI0 1OoYVEL

- — - -

Gl+ GB+GTI’ :6 vroloyilovtog Ta dtovvopata AG , BG, I'G cvvaptioet tov
dupéowv AM, BE | TG avtictoryo.

iii. [Towa yapaxtnpiotiKy W16TNTO £)EL TO onueio G.
iv. [log yapaxtnpileton To onpeio G oy 'ewpetpia.

- -

- - - -
11. @copovpe Ta Stavdcpata o, TéTolo OCTE: [0t B o—f

=0, #0. No amodery0ei

oTL:




24. Alovoopoto

12. Av (ﬁ" = k6A kot OA =uOB pe TA// AB va omodei&ete 6t A= . [Toto avticTtoyo yem-

LETPIKO Oed®PM L0l TPOKVTITEL;

- -

13."Ecto o, B, 7,# 0 kot avo d0o pn cuyypouutkd ov o/ ([3+ y) Ko B/ ((x+ Y ) va amodei-

Eete xon Y/ (OH— B )
14. Atvetar tpiyovo ABT kot M tuyaio onpeio g mievpd BI. Na amodeiete dtivmapyet

TPOLyHOTIkOG 0p1Bpog k TéTotog dote: AM = (1- k) AB+ kAT

E. TO ZEXQPIXTO OEMA

- 5 -

TN 10 010vicpaTA VA, Vs, Ur TOV TEYUTHTOV TPLOV COROTSIOV A, B, I' avrictoyya, mov

- - -

KIVOUVTOL 6TO ETITEDO, L6YVELN 6%E01: Va+Vs—Vr =0

10

To pérpo g ToyvTNTOS TOL A givar 6T00p6 Ko ico pe o 3 Tov RETPOV TG TUYVTI TS TOV

10

B kot pe to = Tov pérpov g TayvTnTag Tov I Na amodsiete 6T1 To copatioww B, T’

KIvoUvTol TPog avtifeTes Katevhivoeic.

(Ym.: ‘DB —1)1.‘ =‘UA‘ Ko ‘UB‘+‘UF‘ :‘DA‘)





